Introduction
The main target of the present paper is to study some questions concerning the uniqueness of symmetric and unconditional bases in the framework of the local theory of Banach spaces. Since the spaces under consideration are finite dimensional it is quite obvious that one cannot discuss problems of uniqueness for individual spaces but rather for families of such spaces. As we shall see in the sequel, the case of unconditional bases can be treated from different points of view.
The study of the uniqueness of symmetric bases for finite dimensional spaces was initiated in [8] and continued in [16] and [11] (see also [17] ).
Results concerning the uniqueness question in the setting of unconditional bases for finite dimensional Banach spaces were obtained in Schiitt [16] and in [1] .
In order to discuss our results as well as their connection with previously proved ones, we introduce the following definitions. (b) Let -be a family of finite dimensional Banach spaces each of which has a normalized 1-unconditional basis. We shall say that the members of r have an almost (somewhat) unique unconditional basis provided there exists a function q: [1, ) (0, 1) [1, ) such that, whenever X -with the given 1-unconditional basis (Xi)in= has also another normalized K-unconditional basis (Yi)in=l then, for any (some) 0 < a < 1, there exists a subset tr c [n] {1, 2,..., n} and a one to one function 7r: tr [n] so that Il an and (xi)i is (K, a)-equivalent to (yzr(i))io.. Definition 1.1 (a) is similar to that considered in [8] . On the other hand, Definition 1.1 (b) is in the spirit of the "proportional" theory of finite dimensional spaces and quite different from that introduced in [1] , where uniqueness, up to a permutation, was considered for the entire basis. The definition of somewhat unique bases already appears in [16] under the name of partial uniqueness.
One of the most natural ways of creating a family of finite dimensional spaces with a 1-symmetric basis is the following. Let X be a rearrangement invariant (r.i.) Banach function space on [0, 1] and, for n 1, 2,..., let be the algebra generated by the intervals [(k-1)/n, k/n); 1 < k < n and denote by X X(n) the subspace of X consisting of those functions which are constant on each atom of . The main result of the paper (Theorem 5.6) (y,) i . This result can be improved in the special case when X (') lies "on one side" of L2 [0, 1] ; in this case the hypothesis that X contain some Lq can be eliminated and tr can be chosen of the order of (1 e)l.
As we have already mentioned above, the question of the uniqueness of symmetric bases for finite dimensional spaces has already been considered in [8] where it was proved that the members of the family (,t of all finite dimensional spaces with a 1-symmetric basis which induces a lattice structure with q-concavity constant < M, for some q > 2, have a unique symmetric basis. In [2] Theorem 2.6 it was shown that this result is true also for q 2.
We consider in Theorem 5.4 below the family ffq, t of all finite dimensional spaces with a 1-unconditional basis which induces, as above, a lattice structure with q-concavity constant < M, for some q < 2, and show that each member of q, M has a somewhat unique unconditional basis. A slightly less general version of this result was proved in [16] , Proposition 2.5. In the symmetric case, the hypothesis of q-concavity for some q < 2 was replaced in [14] [7] and [15] . Our A result of a completely different nature is described in Theorem 2.4: if a direct sum of the form Xn l has an unconditional basis then, for each e > 0, the dimension of the Euclidean space can be reduced to < (2 + e)n so that X 1(2 2+e)n still has a good unconditional basis. For almost every case described above, the proofs of the corresponding uniqueness property are based on the possibility of finding relative large entries in the n n matrix which maps one n-dimensional space with a symmetric or unconditional basis onto a space of a similar type. The main difference between our arguments and those used in the original paper of Schtitt [16] 
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( Proof Consider the quotient map Q" X* E*. Since 
where c > 0 is an absolute constant, by Theorem 1.1 of [2] . Hence
Now, by duality, we have, for all {ai}in= 1, This proves (1). For (2) , notice that
Now, by results of [5] or [10] , given any a, 0 < a < 1, there is a constant depending only on a and a subspace E of X with dim E, > an, such that if
Then de < B,c-1/'Xd2 E. 
from which it follows that property (P) and d* {X*: X d} then du d* also has property (P).
We make use of a further remark. If X and are n-dimensional Banach lattices, then by Lozanovskii's theorem [14] Proof Let 1,...,'172r be independent {0,1}-valued random variables defined on some probability space (I,P)with P(li 1)= IAl/n, [16] .
In order to state the next theorem we introduce some notation. If X is a rearrangement-invariant Banach function space on [0, 1] we denote by X the n-dimensional subspace X( n) where n is the algebra generated by the sets [j-l/n, j/n) for 1 < j < n. We then let ej--ltj_l/n,j/n) and Xj ej/llejll. Thus (xj)jn=l is the canonical normalized symmetric basis of X. Ir'l >_ (1 e)mn and so we can assume n k >_ 1/4en or n 0 for 1 < k < m. Thus, by breaking up each non-zero n k, the canonical basis of (11 lq)plnm is L3(e, K, p, q)-equivalent to that of (/qhl lhqN)p where 1/4en < hj < -en for 1 < j < N and hence by recombining is La(e, K, p, q)-equiv-)n_<k_<n for l_<j_< alent to that of (l . We fix e 1/2r/ and then choose/3 > 0 so that 21/p1/2-1/pK(e) < e.
If A is an n n -matrix where n > N(e)which satisfies the hypotheses of the lemma, we may pick a maximal subset tr c [n] To obtain the conclusion it will suffice to prove that there exist a a(e, A, K, M, X) > 0 and L LI(e, A, K, M, X) < oo so that if r c [m] with Irl >_ rn (1 e)l then there exists r 0 c r with Ir01 >_ al so that (Ui) is Ll-equivalent to i,it" al01= 1. The result will then follow by an obvious induction process. Case 1. Assume first that X satisfies the (2, 1)-condition. Then by the results of [5] and [10] Let h dim Z 1, and let (fi)/h__ be an orthonormal basis of (Zl, ll2 If X is 2-convex and has some concavity, we may weaken the hypotheses further. The following theorem is a mild extension of a result proved in [2] (Theorem 2.3). We omit the proof which employs techniques from [2] and this paper. 
